Here K 0 (x) is a certain Bessel function that conveniently can be defined by (historically it was the other way around).
In J.Borwein-Salvy [5] recursion formulas for the c m,k are derived (m fixed). In the first section these recursions are studied in more detail. E.g. if we define we find an Apéry-like recursion (compare [3] ) and recognize formulas from [1] and [3] . Similar transformations of c 5,2n+1 lead to a 4-th order differential equations whose mirror at x = ∞ is a Calabi-Yau equation found by Verrill (#34 in the "big table" [2] ). This is also the case with c 6,2n+1 where the differential equation at ∞ is of order 5 (also found by Verrill) with a Calabi-Yau pullback of order 4 (#130 in [2] ).
There is an infinite sequence of differential equations of Verrill where the coefficients are A
In [6] she gives a rather complicated formula for computing the recursion of A (m)
n . In the second part we simplify this essentially using ideas in J.BorweinSalvy [5] .
In the last section we prove the Main Theorem For m 3 we have There is a simplified version of this result for Bessel fans: The differential equation satisfied by
also has the solution
This depends on the identity 
Remark. The differential equation
is self dual at infinity and the coefficients can be written (H.Verrill, [6] )
Five Bessel functions. Consider
Then using the ideas of [5] we find the recursion 225c 5,n+6 − (259n 2 + 1554n + 2435)c 5,n+4
Make the substitution
n! 2 c 5,2n+1 which gives the recursion
Let A n be the solution of the recursion with initial values A 0 = 1, A 1 = 0, A 2 = 0. Similarly let B n and C n be solutions with B 0 = 0,
where s = c 5,1 and t = c 5,3 . We also use the conjectured value of c 5,5 = 
The last factor cointains (θ+1) 4 which suggests that transforming the equation to x = ∞ could give a Calabi-Yau equation. This is indeed the case: The substitutions θ −→ −θ − 1 and x −→ 900x −1 give
an equation found by Helena Verrill [6] . It has #34 in the big table [2] and has the analytic solution
Six Bessel functions. Consider
As above we have 2304(k + 4)c 6,k+6 − 16(k + 3)(49k 2 + 294k + 500)c 6,k+4
With the substitution
n! 2 c 6,2n+1 we have the recursion
Consider the three solutions A n , B n , C n with initial values
respectively. Let c 6,1 = s, c 6,3 = t . Then c 6,5 = Then we have
Then y satisfies the differential equation
We find the mirror equation at x = ∞ via the substitution θ −→ −θ − 1 and
This we recognize as #130 in the big table. It was found by H.Verrill [6] . The coefficients are
Seven Bessel functions. Let The transformation to infinity by θ −→ −θ − 1 and x −→ 210 2 x −1 gives
II. Sums of squares of generalized binomial coefficients.
In [6] Verrill has given a rather complicated formula for the recursion of
We will instead consider
Then y satisfies the differential equation 
series(expand(L[m+1],x=0,infinity); end;
The crucial part of the proof is the following Lemma. We have
Proof: We use induction on k. Assume
The rest of the proof is merely book-keeping. Recall that
Then by the Maple program following Example 5 in [5] we find the recursion for c m,k by substituting θ −→ −k − 1 − 2j in P j (θ). Since k = 2n + 1 we get θ −→ −2(n + 1 + j) Then with 
